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Abstract

Flash tank evaporation combined with a condensing heat exchanger can be used when heat
exchange is required between two streams and where at least one of these streams is difficult
to handle (in terms of solid particles content, viscosity, pH, consistency etc.). To increase
the efficiency of heat exchange, a cascade of these units in series can be used. Heat transfer
relationships in such a cascade are very complex due to their interconnectivity, thus the impact
of any changes proposed is difficult to predict. In this report, a mathematical model of a single
unit flash tank evaporator combined with a condensing heat exchanger unit is proposed. This
model is then developed for a chain of the units. The purpose of this model is to allow an
accurate evaluation of the effect and result of an alteration to the system. The resulting model
is applied to the RUSAL Aughinish Alumina digester area.



List of notations
A Heat exchanger area, m?;

T Slurry (hot stream) temperature, °C;

t Spent liquor temperature, °C;

tc Condensation temperature, °C;

F Hot stream mass flow rate, kg/s;

S Cold stream (spent liquor) flow rate, kg/s;
G Steam flow rate, kg/s;

L Output hot stream mass flow rate, kg/s;
N Number of flash tank stages;

h Specific enthalpy, J/kg;

hig Latent heat, J/kg;

u Heat transfer coefficient, W/(m?K);

Q Power, W;

P Pressure, Pa;

Cp Specific heat capacity, J/(kgK);

[0) Temperature change due to non condensable gases, K;
VP Temperature change due to superheating, K;
S Cold stream,;

F Input hot stream:;

G Steam flow;

L Output hot stream;

w Water;

in Input;

out Output;

* Equilibrium value.



1 Introduction

Effective heat exchange between hot and cold streams is an important part of energy efficiency
in process operations. Where heat exchange is required between two streams and where at
least one of these streams is difficult to handle (in terms of solid particles content, viscosity,
pH, consistency, etc.) in a standard counter-flow type heat exchanger, flash tank evaporation
combined with a condensing heat exchanger can be used. Often to ensure maximum heat
exchange, a series of these units in a chain is used, with the hot stream flowing through the flash
tanks and the cold stream flowing in a counter current direction through the heat exchanger.
Steam is generated through pressure drop in the flash tank from the hot stream and then
condenses in the heat exchanger, transferring the latent heat to the cold stream. The interlinked
nature of the flash tanks and the condensing heat exchangers in series makes analysis of the heat
exchange process rather difficult, as any change in the operating parameters at any point in
the chain impacts the other components of the chain, and therefore once a system is operating,
any alteration of the system parameters could have an unknown impact on the process and the
overall balance of the heat exchange throughout the chain. While flash tank heat exchange,
as described above, is in use in many applications, the particular case study for this project
is the system that is currently in use in the digestion area of RUSAL Aughinish Alumina, Co.
Limerick, Ireland.

RUSAL Aughinish Alumina produces alumina from bauxite through the so-called Bayer process
[1, 2, 3, 4], which consists of four main steps (see Fig. 1):

1. Dissolution of bauxite in an aqueous Sodium hydroxide (NaOH) solution (Digestion);
2. Removal of the insoluble materials (Clarification);
3. Precipitation of gibbsite from the liquor (Precipitation);

4. Removal of chemically bound water (Calcination).

In the digestion area the bauxite ore is mixed with caustic soda and the reheated spent liquor.
High pressure steam is added to heat the mixture to a required temperature of 250°C. The
resulting hot slurry then passes through a chain of flash tanks, where the mix is cooled through
indirect heat exchange with a cold liquid stream of the spent liquor. Cooling the slurry to
a temperature of 40 °Cis essential for the next stages in the alumina production process. By
increasing the amount of heat transferred in the flash tank heat exchange chain from the hot
bauxite slurry to the cold spent liquor, the amount of high pressure steam required in the
digester can be reduced, resulting in an increase in the efficiency of the process.

The purpose of this report is to create a model of a cascade of heat exchange units composed
of a flash tank and a condenser that would allow accurate evaluation of the effect and result of
alterations to the system. The resulting model is applied to the RUSAL Aughinish Alumina
digester area.
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Figure 1: Basic thermal flow chart of the digester area

2 A model of flash tank - condenser system

In a unite that is composed of a flash tank and a condenser, as shown in Fig. 2, the liquid slurry
is coming in with flow rate F, specific heat c,r, pressure Py, temperature T, and enthalpy hr
into the flash tank. Steam is evaporating in the flash tank and flows to the heat exchanger with
flow rate G, specific heat c,g, pressure Py, and temperature tg. The liquid is leaving the flash
tank at flow rate L, pressure Py, temperature T, and enthalpy hy. In the condenser the steam
condenses at temperature t. and pressure Py, and exchanges heat Q with the liquid (the spent
liquor) entering the exchanger at temperature ti,, flow rate S and specific heat cp,s. The liquid
leaves the heat exchanger at temperature tot. The mass and enthalpy balances are expressed
by the following equations:

F=L+G, (2.1)

Fhy = Lhy + Ghg, (2.2)

hg = hy + hyg, (2.3)

Q = Ghey = F(hy — hy) = Fepr(Tr — To). (2.4)



The description of heat exchange includes the equation for generated and consumed heat ac-
counting for the change of temperature and pressures (see Fig. 3). The heat that is generated
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Figure 3: Heat exchange in the unit



at the source (in the flush tank) is

Q = Fepr(Tr — To),

(2.5)

where tg = Tp = tc + ¢ + 1. Here P expresses the superheated state of the vapours, since
the evaporated liquid in the flash tank is not pure water and contains dissolved non-organic
components; ¢ is the temperature correction that is due to the presence of non-condensable

gases in the vapour phase. Hence, the generated heat is

Q - FCpF(TF - JCc - d) - q))
The consumed heat at the sink is

Q = UA Atyyg,

where U is overall heat transfer coefficient, A is the heat exchanger area and

(tc _ tin) B (tc _ JCou’c) _ towt — tin

Atiog = te—t te—tin °
In g In g
Besides,
Q - SCpS(tout - tin)-
Now, excluding tes from eqs.(2.7-2.9), we receive
exp(UA/Ks) — 1
Q= o (te — tin),

exp(UA/Ks)
where Kg = Scps. Excluding t. from egs. (2.6) and (2.10), we receive
K52

Q_ Ks(C—1) (TF_tin_lI)_d)))

T+ KeC

where Kr = Fcpr and C = exp(UA/Ks).

3 Cascade of the units

(2.6)

(2.7)

(2.8)

(2.9)

(2.10)

(2.11)

In order to increase the efficiency of heat exchange, the flush tank - condenser units are often
assembled in chain. The schematic representation of a series of flash tanks and heat exchangers
are shown in Fig. 4. In Fig. 4, the top line represents the flow of hot slurry from the digester D.
It starts at a temperature T;, and goes through a series of N flush tanks. At the ith flush tank,

9



the slurry’s temperature decreases from T; at the input to Ty at output (which is the input
temperature for the (i+1)th flush tank), and the slurry finally exits the cascade at temperature
Tnie1 = Towe. The bottom line represents the flow of spent liquor into the digester. The flow
starts at temperature tny1 = tin, and as it passes through the i*" condenser, its temperature
increases from tiy; to t;. The spent liquor enters the digester at temperature t;. The closer
this temperature is to the temperature at which the digester operates (255°C) the less energy
is needed to heat it up.

T
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Figure 4: A cascade of the flash tank - condenser units
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The analysis of a single condenser in Section 2 shows that the four quantities, Ty, Tiy1, t; and
ti;1, are related by two (approximately) linear equations. In this paper, we assume that these
equations are precisely linear. Then for the 2N + 2 variables Ty, ..., Tnag and tq,..., tnyg we
have 2N linear equations. In addition, we have a fixed boundary values, namely T; = 255°C,
which is the temperature at which the digester operates. This leaves one free variable, which
we shall choose to be tny1 = ti,. It follows from the general theory of linear systems that all
the other variables are then linearly functions of t;, and T;. Thus, we have

t; = at, +b (3.1)

where a is a real number, which from physical principles must be between 0 and 1.

From Section 2, we get that the heat exchanged in the it" unit is given by
Qi = Di(Ti — tiss — ), (3.2)

10



where Dj is a constant depending on the physical properties of the unit,

KSC—’1

_ C

D; = W ) (3.3)

KrC i

and 71y = ;i + ¢; is a loss in potential caused by superheating (the {; term) and the presence
of non-condensable gases (the ¢; term). Let the flow rate of the spent liquor be r; and its
specific heat be s; (these may change from stage to stage as the amount of water in the spent
liquor changes). Let the flow rate of the slurry be R; and its specific heat S; (again, changing

quantities of water in the stream can lead these quantities to vary from stage to stage). Then
we have

(ll—Ti)RS: = Qy,
(ti —tipq)risi = Qs
Let
Ki = Di/RiS;,
ki = Di/misi
Using 3.2, we get the equations
Ti—Tin = K(Ti—tig—m), :
ti—tign = k(T —tiyg —m). (3.5)

As i ranges from 1 to N, equations (3.4) and (3.5) give 2N linear equations. If we augment
them with the two equations

T, = 255, (3.6)

tN—H - tin) (37>

we get a system of 2N + 2 linear equations in the 2N +2 variables Ty, ..., Ty and tq, ...ty
They can be written in matrix form as At = b, where, using a superscript t to denote the

transpose,
t=(t, Ti,t2, Toy o ooyt ),

b — (_k] s ) _K]T[]) _kZT[Z) _KZT[Z) sy _kNT[N) _KNT[N) 255) tin)t
and A is the coefficient matrix

T -k k-1 0 0 0

0 1—K; K; —1 0 0

0 0 1 -k, k,—1 0

0 0 0 1—K, K, —1

0 1 0 0

0 0 0O 0 1
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The current plant has an assembly of 10 heat exchangers in a row, so there are 30 physical
parameters that we need to know: Ky,...,Kjo, k1,...,kqo and 7y,...,710. If 71y is known, we
could use equations (3.4) and (3.5) to calculate K; and k;.

The following Theorem holds for this model:

Theorem 1. An assembly of N heat conversion units, where heat exchange in every unit
described by the system

T = Ti— Qi/RiS;,
ti =t + Qi/Tisy,
Qi = Di(Ti—tip —m),

can be described by a model

)

Tnar = (1=K)Ty =Kty +K
t; = (1 —K)tnar + kT —k

Proof. At every stage,
Tip = (1= KJTi + Kty + Ky,
ti = (T—kitin + kili — ki,

where ki = Dy/ris; and Ky = D;/R;Sy, hold. The boundary conditions T; and tn,1 are assumed
to be given. Hence we have N 4 1 linear algebraic equations for N + 1 unknown variables, and
the system is well defined.

The hypothesis of Theorem definitely holds for N = 1. Assume that is holds for an assembly
of 1 — 1 heat exchangers, from the fist to the (i — 1)st. That is, we assume that the following
equations hold:

T = (0 =Kyi)Th + Kyt + Ky i18740,
tr = (1 —kii)ti+kiiaTh — kiAo,

We now have to prove that then it also hold for an assembly of i heat exchangers.

For the ith unite the following equations hold:

T = (1= KT+ Kitir + K, (3.10)
ti = (1 =kt + kil — ki, (3.11)

Substituting (3.11) into (3.8), and (3.8) into (3.11), we obtain

Ti = (1=Kyis) T + Ky [(1T = ki)t + kil — kit + Ky 290741,
ti = (1 =kt k(1 =Ky o) Ty + Kyt + Ky 181 100] — ki,
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and hence

(T—kiKiio) T = (1 =Kyio) T + Ky (T = ki) tipn — Ky ik + Ky 4210741,
(T—kiKyis)t = (T =kt + k(1 = Kyim) Ty + kiKy 2907 101 — ki

Substituting these equalities into (3.10) and (3.9), we finally get

1—K;
Ty = ¥((1 — Ko T + Ky (1= k) tigr — Ky ki + Ky i2187401)
(T —kiKyi-1)
+Kitipr + Ky,
ty = w(“ — ki) tipr + ki1 — Ky i9) Ty 4+ kiKy 42907 301 — ki)
(1T —kiKqi1) ’ ' '
+ki4, T — ki i1Ar 4.
That is,
Ty = (1 =Ki)Th + Kyt + Ky 4, (3.12)
tr = (I=kigdtig + ki — ki A, (3.13)

where the coefficients K; i, ky i, A1 4,811 are defined by recurrent formulae

kyio1 + ki — kikq o1 — kiKy i (1T —ki)(1 —kq4-1)

Kis —1- , 3.14
K T —kiKy i T —kiKq i (3.14)
Ky i1 + Ky — KKy 109 — kiKq 5 (1T =K1 —=Kyi9)
K .= > 2 > = 1 — - y 315
R T —kiKy i 1T —kiKy i (3.15)
kiKq 210141 — ki
Kii A = KBy — (1= ko) Stiz1on, , 3.16
14 A, 1ic1 Ao — ( 1i-1) kK (3.16)
Kyi21014i-1 — kiKyq 1973
K i ) i = Ki i 1 — Ki ’ : ’ . Nl
i 01, T+ ) T—keKy o (3.17)
]

Equations (3.12-3.17) enable us to find explicitly the temperatures at the ends of a given cascade
of heat converters. We have to stress that these equations also hold for any ordered sub-chain
composed of any number of units. Furthermore, for many practically relevant heat exchanges
assemblies equations (3.12, 3.13) can be further simplified. To show this we have to recollect
firstly that parameter 7t; is depends exclusively on the chemical properties of the hot flow,
and in many practically relevant cases these properties can be assumed constant throughout
all units of an assembly. Indeed, by definition, term 7r; is the sum of two parts, Py and ¢y,
and it reflects a loss in potential caused by superheating (the 1; term) and the presence of
non-condensable gases (the ¢; term) in the hot flow. Superheating occurs because the liquid
is a mixture of chemicals, and hence vaporization stars at a temperature higher that this for
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pure water. We estimate that 1; is approximately 6.5 K. The term ¢; is trickier to estimate,
but should be less than 1 K. We assume that

o~ 7.5. (3.18)

It is apparent, however, that the value of 7t does not change significantly from unit to unit and
is near constant throughout the chain. For such a case, that is if 7ty = 7t for all 1,

Ai=d1i=m (3.19)
hold, and the equations (3.12, 3.13) take the form

Ty = (1=K )T + Kyt + Ky, (3.20)
t1 = (1 =kt + kil — k. (3.21)

It is obvious that (3.19) hold for a single unit. For two units such that m; = m, = 7 hold,
equations (3.14-3.17) give

koK — ks
12812 < 1—( 1) T koK, )Tf 1,27T,
K7 — kK4
Kis-5 = (K 1 —-Ky)——F— = Ky .
127012 < 2+ ( 2) T kK, )ﬂ 127

This recurrent process can be carried further on.
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